BAI TAP CO SO TOAN KT 1 - HOC Ki 1 NAM HQC 2018- 2019

Chuong 1: Vec to

Bai 1. Cho céc vec to Uy =(3,4,-1,0),u, = (4,2,0,1),u, =(1,1,2,0).
a) Hay tim vec to vV =u, —2u, +3U,
b) Tim vecto u thoa mén hé thuc: 3(u, +2u, —U, +U)=u—U, +U,
DS: a) v=(-235-2) b)u:[_—S,g,l,_—Sj
2 2 2
Bai 2. Tim u+v,u-v, 2u—3v, |3u|,|v—u]| véi u,v la cac vec to sau day.
a) u=(5,-12), v=(-3,-6).
b) u=(4,0,3), v=(-2,15).
c) u=4i+j, v=i—-2j biéti=(10), j=(0,1) lacic vec to don vi trong R?.
d) u=i+2j—3k, v=—2i—j+5k biéti=(10,0), j=(0,10), k=(0,0,1) la cic vec to don vi
trong R®.
) (*)u=2i—4j+4k, v=2j—k biéti=(10,0), j=(0,10), k=(0,0,1) la cac vec to don vi
trong R®.

bS: a) u+v=(2,-18), u-v=(8,—6), 2u—3v=(19,-6), | 3u|=39, | v—u=10.
b) u+v=(2,1,8), u—v=(6,-1-2), 2u—3v=(14,-3,-9), |3u|=15, | v—u|= J41.
) u+v=(5-1),u-v=(33), 2u-3v=(58),|3u =317, | v—u|=3V2.
d) u+v=(-112),u—-v=(33,-8), 2u—-3v=(8,7,-21),|3u =314, |v—u = +/82.
e) u+v=(2,-2,3),u-v=(2,-6,5), 2u—3v=(4,-14,11),|3u =18, | v—u|= J65.
Bai 3. Tinh tich v6 hudng (u,v) cua Cac cap vec to sau
a) u=(2,-13),v=(-111)
b) u=(1-19,7,4),v=(210,-10)
) (N u=(1234...n),v=(-1L-L...(-)")

Kk khi n=2k
BS: a) (uv)=0, b)(uv)=-6, ¢ <”’V>:{_k_1 khli :]:2k+1

Bai 4. Mot nguoi ban hang rong duong phéd trong mot ngay cu thé ban dugc a cai banh mi, b céi xdc
xich, clon nudc giai khat. Biet rang nguoi d6 ban vai gia 2000 d mot cai banh mi, 5000 d mét cai xuc
xich va 7000 @ mét lon nuéc giai khat. Goi A=(a,b,c) va P =(2000,5000,7000). Tinh tich vo
hudng (A, P> va giai thich ¥ nghia cta tich vo hudng nay.

bS: (A, P)=2000a+5000b+7000c Ia doanh thu ctia ngudi ban hang rong trén vao ngay

diéu tra. ‘ 9 »

Bai 5. Hai nong truong (NT) trong cung mot loai cay dn qua tai hai dia diém khac nhau. D€ cho ra
cung 10kg cdy an qud, hai NT trén cung sir dung cac loai nguyén vat liéu (NVL) giong nhau nhung
luong st dung khac nhau. Thong ké ve gia (don vi: nghin dong) va luong sir dung NVL tai hai NT
trén nhu sau.

NT1 NVL1 | NVL2 | NVL3 NT2 NVL1 | NVL2 | NVL3
Gia 3 5 7 Gia 4 7 3
Luong su dung 9 10 8 Luong sir dung 8 12 9
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Ngudi ta nghi ngo rang chi phi trong loai cay an qua trén tai NT2 cao hon NT1. Nghi ngd trén 1a ¢6
can ct hay khéng? Hay giai thich ly do.

PS: Nghi ngo trén 1a c6 can ctr do chi phi bang tich vo huéng (gi4, luwong st dung) tai
NT1 la 133, NT2 la 143.

Bai 6. Tinh tich v hudng (u,v) biét u,v 14 cac vec to thoa man céac diéu kién sau day.
a) |ul=6, |v|=5, gdc gitra hai vector u,v la 27 /3.

b) (+) |ul=3, |v|=/6, géc giira hai vector u,v la 45°.
BS: a) -15 b) 6+/3

Bai 7. Tim sb thuc m sao cho:
a) X =(2,-1,3) vayY =(m+1-31) truc giao.
b) X =(1-2,4),Y =(m*,m,0), Z =(0,2,1)d6i mét tryc giao.
bS: ay m=-4 by m=0
Bai 8. Xét su doc lap tuyén tinh, phu thudc tuyen tinh caa cac hé vec to sau.
a) i=(0,0), j=(0,1,0), k=(0,0,1).
b) v=@132), v,=(213), v,=(321).

PS: a) Boc l1ap tuyén tinh b) Boc lap tuyén tinh

Bai 9(+).Hay xac dinh cAc ménh dé sau 1a dung hay sai.
a) Néu S 1a mot hé vec to phu thudc tuyén tinh thi mdi vec to trong hé S biéu dién duogc
tuyén tinh thong qua cac vec to con lai cia hé.
b) Moi hé vec to chita vec to 0 1a phu thudc tuyén tinh.
¢) Hé rdng la hé phu thudc tuyén tinh.
d) Céac hé con cua hé phu thudc tuyén tinh 1a phu thudc tuyén tinh.
e) Céac hé con cua hé doc 1ap tuyén tinh 1a hé doc lap tuyén tinh.

bS:a) S b) b c)S d)S e)b
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Chuwong 2: Ma tran — Dinh thac

.. 6 9
Bai 10. Cho 2 matran A= 4 -6

m e [0S

Bai 11. Thuc hién cac pheép tinh:
2 1 -1 :

. 1 2] _, 5 .
va B = 1 o.Tmh:A,ABvaBA.

2 27 [2 2
a) [3 -1 -2 by|0 -1 -2 c)2 1l 1—6I2
5 4 0 0 0 1 - B
30 2
dl 3 -3]|-2 1 e)| 1|1 -1 3]
05 -7
2 -3 -4 N
pS a)|-7 4 -1 b) c)
1 1 -5 0 0
22 1 -13
0 -1 -2
0 0 1
2 -2 6
d) [-3 -12] )| 1 -1 3
-7 7 -21
1 2
N -1 3 4] .
Bai 12. Cho 2 matran A= vaB=| 0 5
0 -2 -3 3 1

a) Timmatran X saocho A—X =-2B'.
b) Tim matran Y sao cho Y'—-BA=0.

1.3 -2 L0
PS: a) X = B b) Y=|-1 -10 -7
4 8 -5
-2 -15 -9
-1 1
.. i 1 2 21 2 -1
Bai 13. Cho hai matran A= :B=
2 3 4 2 -2 3
1 5

Hay thuc hién phép tinh: AB,B'A'. Kiém tra lai dang thic (AB)' = B'A'c6 dang véi cac ma tran
A, B hay khong .

0 10] ,, [0 -2
PS: AB= (BYA! = .
2 2 10 21

Bai 14. Cho cac ma tran:

BO MON TOAN — KHOA CONG NGHE THONG TIN — HOC VIEN NONG NGHIEP VIET NAM
3



BAI TAP CO SO TOAN KT 1 - HOC Ki 1 NAM HQC 2018- 2019

3 21 3 -1
13 12| _ |1 5 _Jo 10
o 20" |1 3" |1 -2 41
3 2 1 2 2
Tim phan tir nam ¢ hang 2, cot 3 ciia ma tran 3A'BC .
bS: 15
Bai 15. Tinh cac dinh thuc sau:
1 2 2 2 4 _
L2} 2 1 2 2 3 (.‘)L 8
a) |2 0 2 b) C)
2 2 1 2 0 1 2
-1 2 5
2 2 21 1 2 -1
1 2 1 -1
1 -1 3 1 3 -6 o 1 11D
d) |1 1 -2 |1 -1 2 N\
) ) f)2 1 -1 1
-2 5 4 -8 5 4
1 -1 2 O
pS: a) 24 b) -7 c) 37 d)35 £)-56 f)-24
Bai 16. Tinh cac dinh thuc sau:
1 m m 2
4 -2 m 1 5
m m
a5 m 1 b)
1 2 m m
2 4 3
2 1 1 1
DS: a) 2m*-32m+10
b) 3(2m+3)(m-1)(m-2)*
Bai 17. Cho matran A cap 3 ¢6 det(2A)=80.
a) Chtng minh matran A kha nghich.
b) Tinh det(A™),det(A') va det(A°).
DS: a) det A=10=0, nén matran A kha nghich.
-1} _ 1 t 6 6
b) det(A™) =, det(A')=10, det(A%)=10
3 9 6 -2 -6 5
Bai 18. Chohaimatran A=|6 -3 3| vaB=|-1 -4 3].
9 0 6 3 9 -7

a) Hay tinh cac tich AB va BA. Tir d6 hay cho biét ma tran B cd kha nghich khdng? Chi ra ma
tran nghich dao (néu c6) cia matran B,
b) Timmatran X (néu co) thoa man: XB=A.

. 1
BS: a) AB=3l, BA=3I,trongdo | lamatran don vicap 3. Do d6 B’1=§A.

BO MON TOAN — KHOA CONG NGHE THONG TIN — HOC VIEN NONG NGHIEP VIET NAM
4



BAI TAP CO SO TOAN KT 1 - HOC Ki 1 NAM HQC 2018- 2019

. 39 0 27
b) X==A’=| 9 21 15].
27 27 30
Bai 19. Tim ma tran nghich dao (néu c) cua cac ma tran sau:
» & 5 01 -1 1 3]
a) A:{3 3} b)B=|1 3 2 c)C=|1 4 =2
2 -1 0 1 3 -1
2 1 _
13 3 3 [2 10 -1
ps;a) Al=| 3 9 peic| 22 5 et 2 1
12 303 6 1 4 5
3 9 7 5 A Y
-~ = 5
3 3

Bai 20. Biét A=(a;),B=(b;) la hai ma tran vudng cip 3 va cac phan tu a;,b, duoc cho bai cong
thirc
o i
a;=-1+2], by :T .
a) Hay viét rd matran A, B véi gia tri cu thé cua cac phan tu.
b) Matran A,B c0 kha nghich hay khong?

¢) Tinh det(A*+ AB®) .

1 35 1 1/2 1/3
pS:a)A=0 2 4|, B=[2 1 2/3
11 3 33/2 1

b) det(A) =det(B) =0, matran A, B khdng kha nghich.
c) det(A* + AB®) = det(A(A+ B®)) = det(A) det(A+B°) =0.

m-1 -3 1
Bai 21(+). Chomatran A=| 2 -1 2 |,
-3 5 =2

a) Tim mdé matran A kha nghich.
b) Vi m =3, tim ma tran nghich dao néu c6 cua ma tran A.
DS: a) det A=-8m+21. A kha nghich < m=21/8

8 1 5
3 3 3
b) A™ = 2 1 2
3 3 3
_r1_4
| 3 3 3]
m 1 2
Bai 22. Chomatran A=|1 m 2
1 2 1
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a) Tim m dé matran A kha nghich.
b) Khi A kha nghich, tinh det(A™).
det A=m®—6m+5.

1
bS: a m=1 b)det(At)=————
. )detA¢O<:>{ ) ( ) m?-6m+5
m#5.
2 1 3 -1
.. 4 -2 2
Bai 23. Cho matran A= .
-2 1 -3
-1 3 m 2

a) Tim diéu kién caa m dé ma tran A kha nghich.
b) Khi A kha nghich, hdy tim phan tir nim & hang 4, cot 3 cua ma tran nghich dao cua A.

m+5

PS: a) m=2 b)
m-2

Bai 24. Ho vec to sau 1a doc lap tuyén tinh hay phu thudc tuyén tinh:
a) U={u=(-125),u,=(111),u,=(31,2)} trong khong gian R°.

b) (9)S={s,=(L111),s,=(20,-13),5,=(0,-2,-1,3),5,=(0,0,2,2)} trong khong gian R*
PS: a) DLTT b) PTTT

Bai 25. Giai cac phuong trinh sau:

1 23] [130
a)BﬂX:Ei b) X[3 -2 4|=[3 1 3
2 1 0| [3 4 4

20 -15 13

})_s:a)xz{_z1 ﬂ b) X =17 -12 11

48 -35 30
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Chuong 3: H¢ phwong trinh tuyén tinh

Bai 26. Giai cac hé phuong trinh tuyén tinh sau:

X, + X, —=3%;, =-1 X, —2X, +3X; —4X, =5
2 2X + X, —2%X; =1 ) X, =X+ X, =3
X +X, +X =3 X, +3X, —3X, =1
X, +2X, —=3X; =1 —7X, +3%X;+ X, =—3
2X+2y—-72+t=2 X, —2X, + X+ X, — X% =0
b) 4X+3y—-z+2t=3 0 2X, + X, = X3 =X, + % =0
8X+5y—-3z+4t=6 X, +7X, —=5%, —5X, + X, =0
3X+3y—-2z+2t=3 3X =X, =2X; + X, =% =0
3X, —2X, =5X, + X, =0
X—y—2z+t=-2 T TR,
2%, —3X, + X, +5%, =0
C) <2X—-y+z+3t=-3 f)
X, +2X,—4x,=0
—X+2y+3z2-2t=-1

X, — X, —4X;+9x, =0

X+5y+4z+3t=1 X, +2X, + 4%, =3%, =0
" 2X—-y+2z2-1t=0 h) 3%, +5X,+6x%,—-4%, =0
5X+3y+8z+t=1 4X, 45X, =2X%;+3X, =0
4x+9y+10z+5t =2 3X, +8X, +24x%,-19x, =0
DS: a) Vo nghiém b) (%;%;—%;—%) c) (a-5-1-3a;2-2a;a), acR

d) (-8;3+a;6+2a;a),acR  e) (0;,0;0;8;a), acR f) (0;0;0;0)
1-14a+2b 2—-6a-T7h

9) ( 1 NCL ;a;b),a,beR h) (8a—7b;—6a+5b;a;b),a,be R
Bai 27. Vi gid tri nao cia m thi cac hé phuong trinh sau ¢6 nghiém:
X-2y+ z— t=-1 X+ y+10z-6t=3
a) 3X+ y-2z+ t=2 ; b) § Xx+2y+mz— t=1.
X+ Sy—4z+mt=5 2X+95y— z+mt=2
DS: a) m=4 b) m=3

Bai 28(+). Cho h¢ phuong trinh:
X+ 3y -2t=0
- y+2z-t=0
2X -z+ t=0
4x+y+mz =0
Tim tit ca cac gié trj cia mde:
a) Hé phuong trinh ¢6 nghiém duy nhat?
b) Hé phuong trinh c6 v sb nghiém?
5
11
Bai 29. Tim a,b dé hé phuong trinh sau c6 nghiém:

bS: a)m;«rs—E b) m=
11
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ax+y+z=4
X+by+z=3
X+2by+z=4
DbS:a=#1b=0.
Bai 30. Cho hé phuong trinh:
X+y+z=1
2Xx+3y—-z2=4

3x+3y+(M+4)z=m"+2
a) Tim m dé hé c6 nghiém duy nhat.
b) Giai h¢ phuong trinh voi m=-1.

X=-1-4z
DS:a) m=-1 b) y=2+3z
zeR
1 -1 2 4
Bai 31.Chomatran A=|{1 1 O |vaB=|38
1 2 -1 10
Timmatran X saocho AX =B.
6-12

bS: X=|z+2|,zeR
z

Bai 32(+). Tim tat ca cac ma tran X (néu c6) thoa man:
-1

_ 2 1
2 1 2 1 2 -1 1
1) X =X 2) X|-1 1 0f= .
1 3 1 3 1 0 2
- 1 -1 2
_ 1 -2 —4 4
2 3 0 12 0 1 i ) 5
31 2 -1|X=[-1 3 4) X =
1 3 0 -3 1
4 5 2 5 0
- 0 -7 3 1 -3
X oy -3 7 2
bS: 1) X = X, yeR 2) X =
y X+y 1 -15 05
11 2 3_3
a
3) X=|-3 2 6 4 x=| > acr
6+2a
11 3
a

Bai 33. Ho vec to sau 1a doc lap tuyén tinh hay phu thudc tuyén tinh:
a) V={v,=(10,-25),v,=(210,-1),v,=(11,2,1)} trong khong gian R*.

b) S={v,=(@0,0),V,=(L-10),v;=(L12),v,=(23m)}.
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PS: a)DLTT  b)PTTT

Bai 34. Véi gia tri ndo cua m thi ho vec to sau 13 ho vec to doc 1ap tuyén tinh? Phy thudc tuyén tinh?
a) U={u =(123),u,=(m,2,0),u,=(m-114)} trong R’
b) (+)V={v,=(212m),v,=(2,1,-1),v,=(m+1,2,-3)} trong R°.
0 (+) S={s =(2LLm);s, =(2L-Lm);s, =(10;5-L5m)} trong R*.
14 m=3
DS: ay m =11 thi U pttt b) . —1 thi Vpttt  c) S pttt véi moi m
2

Bai 35. Xét mot bai toan kinh té véi 3 mat hang (q,,9,,0,) Vi gia twong tng (p,, P, Ps) - Cho Y 1a
bién doanh thu. Gia st ham cau (nhu cau) véi cac mit hang dugc cho nhu sau:
g, =-0.05p, +0.02p, —0.01p, +0.02Y
g," =0.01p, —0.04p, +0.01p, +0.04Y
g,' =-0.03p, +0.02p, —0.06 p, +0.01Y
Va ham cung caa cac mat hang duoc cho bai:
q°=-20+0.2p,
q,” =-14+0.3p,
0;° =—25+0.1p,
a) Hay giai thich diu caa cac hé sé caa gia va bién thu nhap trong ham cau.
b) GiasirY =1000, hdy tim gi4 can bang cho ba mat hang kinh té nay (tuc 1a gia sao cho luong
cung bang véi luong cau).
¢) Diéu gi xay ra khi thu nhap (Y) tang dén 1200?

DS: a) Dau ctia hé sb gia p; twong tng véi ham cau g ludn am, phi hop véi thuc té xu huéng
nghich bién ciia gia va nhu cau. Néu hé s6 cia gia hang hoa khéc 1a duong (twong tng am) thé
hi¢n cac hang hoa d6 la hang hoa thay thé (twong tng bo sung). Dau caa hé s doanh thu 1
duong phu hop vai xu huong d6ng bién cua doanh thu va nhu cau.

b) Can bang khi cung bang cau: p, =165, 2265; p, =169,8302; p, = 208,9988 .

c) Gia tang : p, =182,6877; p, =194,2342; p, = 221,2753.
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Chuong 4: Pao ham va vi phan &ng dung trong kinh té

Bai 36. Tinh hé sé goc cua tiép tuyén vai cac dd thi cho trong hinh vé dudi day tai diém c6 hoanh do

X, = =
0 2 .
a) b) c)
1] ~ 2o, e
z:"’ I _-\ ) ! : : \\‘_ I." I".I
g ! . I I \ \
!_ 7 il 1 2 1] i 3
PS: Hé s6 gac cua tiép tuyén voi do thi ham sé f tai diém co hoanh do x, 1a f '(x,).
a)1; b) O; c)-1
Bai 37. Tim:
dQ ...,z 2 X
a) P véi ham s6 Q = P +3P +1 (ham cung);
b) d(dL;) v6i ham sé TR =40Q—3Q,/Q (ham tong doanh thu);
c) d(LQC) v6i ham sb AC=%+7Q +10 (ham trung binh chi phi);
2
d) 3—$ véi € =290 2" ham tieu dung):

1+Y
d_Q L _134002L fpa . At)-
e) m voi Q="L% (ham san xuat);

f) j—g Vi P =500—75In(2Q+1) (ham cau).

DS:
dQ d(TR) 9 d(AC) 30
X _2P+3 b) ——~=40-— C) ——=——+7
) gp =20t ) "dg 2 1° "o~ ot
2
d) d_C: 2Y +4Y —300 e) d_Q:(3L2_0l02L3)e—0.02L f) d_P:_ 150
dy 1+Y)? dL dQ  20Q+1

Bai 38.
a) Viet phuong trinh tiép tuyén vai do thi ham so y = Ty tai giao diem cua do thi ham so6 vai
+

s 2
duong thang y = c

b) Tim cac diém trén do thi ham sé y =1+ 2e* —3x ma tiép tuyén véi do thi ham sé tai diém do
song song véi dudng thang 3x—y =5.

y s : T 2x+1 .
c) Viét phuong trinh tiép tuyeén cua do thi ham so y = 1 tai tiep diém c6 hoanh do bang —1 .
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d) Viét phuong trinh tiép tuyén cia d6 thi ham s6 y = ZX4 —2x° tai tiép diém M (X,;Y,) c6 hoanh
do X, >0 va y"(x,) =-1.

13 12 7

3
DS: =——X+— =—X+— b) (x,; =(In3;7-3In3
DS: a) y 1005t YT e ) (%03 Vo) =( )
3x 1 5
- d) y=-3x+—
0 y=-" 3 ) y=-3x+

X7 xU "(x)

Bai 39(+). Cho ham sé U (x) = (y#1). Tinh r=—
1-y U '(x)

bS: y

Bai 40(+). Tinh dao ham cip hai caa cac ham sé cho trong Bai 37.

bS: 1) 2; 2) ——; 3 9. g 204
aJQ Q 1+Y)
5) (6L —0.12L* —0.0004L° )e **; 6) ﬂoz.
(2Q+1)
Bai 41. Tinh dy tai X, véi gia tri cho sdn ctia dx = Ax:
a) y=2x-x°, X, =2, Ax=-0.04 c) y=+x; x,=4; Ax=0.01
b) yzg, X, =8, Ax=0.1 d) y—e*, x, =0, Ax—0.005
ps: a) 0.08;  b) —%; c) 0.0025; d) 0.005.
Bai 42(+). Tinh cac dao ham cap 10 ciia cac ham s sau:
X2 1+ x
a = : b) y= .
)y 1-x )y 1-x
10! 1911 -2 q7n -8
PS: a) y* = ; b) =—-(1-x) 2 +——(1-X) 2.
bS: a) y D" ) e @-x) 210( )

Bai 43. Biét ham trung binh san xuét (AP, ) dugc cho béi cong thic: AP = Le " (véi L la sb lwong
nhan cong). Tim L dé ham trung binh san xuét dat gia tri I6n nhat.
psS: L=100.

Q/4
Bai 44. Biét ham trung binh chi phi (AC) dugc cho bai cong thuc AC = 20¢

. V&i gié tri nao cua
JQ
Q thi ham trung binh gia dat gi& tri nho nhat?

PS: Q=2.

Bai 45. Mot phuong trinh cau mot loai hang hoa cho bai: P+2Q =20 (P la gia cua 1 loai mat hang,
con Q la lwong hang cung) va ham téng chi phi (ky hiéu bsi TC ) dugc cho bai:
TC=0Q-8Q2+20Q +2.
a) Xac dinh Q dé ham tong doanh thu (ky hiéu TR ) dat gia tri I6n nhat (biét cong thirc ham tong
doanhthula TR=P.Q).
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b) Xac dinh Q dé téi da hoa loi nhuan z biét 7=TR—TC. Hay tinh gia tri doanh thu can bién

(ky hiéu MR = dEjTR)

) va chi phi can bién (ky hiéu MC = %QC)) tai gia tri vira tim dugc cia Q.

ps: a) Q=5. b) Q=4; khi d6 MR = MC =4,
Bai 46(+). (Cuc tiéu hda chi phi) Mot nha quan ly caa hang bach héa mudn quay mét khu dat hinh chix
nhat véi di¢n tich 60 m? vudng dé trung bay san pham. Ba canh ciia khu dét s& dugc quay bing go
voi chi phi la 3 triéu/m . Canh thir tr cua khu dat s€ duoc xay ¢o dinh bang gach va xi-mang véi chi
phi 1a 6 triéu/m. Hay tim s6 do cac chiéu cua khu dat dé chi phi xay dung la nhé nhat.

PS: x=310, y=210.
Bai 47(+). (Cuc tiéu hoa lugng vat liéu) Mot loai lon nuéc giai khat cd dang hinh tru va chaa 0.4 lit

chat long. Xac dinh kich thudc cua lon nude dé luong vat lidu duoc sir dung 1am lon 13 it nhat.

DS: Ban kinh day lon r = ,3/@ ~3,9929 va chiéu cao lon h ~7,9859.
T

Bai 48(+). (Cuc dai hoa doanh thu) Gia sit mot hdng hang khong van chuyén 8000 luot hanh khéch
mdi thang voi gia vé 1a $50 mot lugt. Hang hang khdng muén tang gia vé, tuy nhién bo phan
nghién cau thi trudng cho biét ctr ting gia vé 1én thém 1 d6 la thi luong hanh khach s& giam di
100 ngudi. Xac dinh gia vé thich hop dé doanh thu cia hang 1a tbi da.

DS: Gia vé P=$65,

Bai 49(+). (Cuc dai hoa ning suit) Mot khu vuon cdy dn qua thu duoc 25 thung qua mdi cay khi trong
40 cay trong vuon. Khi ting mat do cay trong vudn, ngudi ta thiy rang cw trong thém 1 cay thi
lwong qua thu dugc trén mdi cay giam di 0.5 thung. Vay phai trong bao nhiéu ciy trong vuon thi
lwong qua thu duoc 13 t6i da.

PS: Sb lwong cay m =45, ’

Bai 50(+). (Cuc dai héa lgi nhuan) Mét nguoi c6 mot caa hang nhé ban cac hop dung bat. Gia sur s6
lwong cac hop ban ra ti 1é nghich véi binh phuong gia ban mdi hop. Néu ngudi dé ban véi gia
$20 mdi hop thi s& ban dugc trung binh 125 hop. Pau tu ban dau cho cira hang 1a $750 va chi phi
cho mdi hop dung bt 13 $5. Tim gia ban mdi hop but dé loi nhuan caa cira hang 12 t6i da. Khi d6
c6 bao nhiéu hop dugc ban ra?

DS: Gia P =$10 va ban duoc 500 hop.

Bai 51. Tim cac dao ham riéng caa cac ham sé sau:

a) z= 2X +X +2y; b) u=ey + 2

y2+1 2X+Y

C) z=§|n(x—2y).

bs:

27 = 1 N X . 2xy 1

: - +
y'+1 +2y T (YD P2y
2 2
y +22;u'y:X2eX2y+ 2X +12
2x+y) (2x+vy)
X . —X

7, =
2(x=2y) 7 x-2y

b) u, = 2xye*” +

c) z, :%In(x—Zy)Jr

Bai 52. Cho ham f (x;y) = In(x* +xy + y*) . Chttng minh rang x?+ y% =2.
X
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2 2
Bai 53(+). Cho ham s6 z —arctan > . Tinh a_z oz
y OX"~  OyoX

0°1 2xy 0’z x*-y?
BS: —=-——"5, RN IRV,
ox= (xXT+y7)" oyox  (XT+Y7)

2 2
BAi 54(+). Cho ham s 7 = xIny + 2% Tim A= X2 +a_§ ,
y y oyox oy
ps: A=2X
y

: . dz
Bai 55. Tim % trong cac truong hop sau:

) zZ=x1+Yy? VSi x=te', y=¢"

b) z=x%y véi x=Int, y:%

c) (+) f(xy)=x}y+In(xy),x=¢',y =sin’t
d) (+) f(x;y)=xIn(x+2y),x=sint,y=cost.

ps:
dz  (@+e?)(t+1)e' —te
dt Jl+e?

dz 2Int-In°t

b) — =
)dt t?

a)

dz . :
c) — =3e*sin® x+1+e* sin2x+2cot X

sintcost —2sin’t
sint+2cost

d) % =costIn(sint+2cost) +

Bai 56. Tim dao ham riéng cua cac ham sé hop sau:

a) Choz=ue"+ve™ voi U =X+Yy;v=Xx-y.Tim % %taidiém (x=1y=0)

i . ou au . . ..,
b) (+) Cho =1/’ +y* véi x=rcoso, y=rsin@. Tim E:'a_;taldlém(uae:o)
bS:
a) g(l, 0) = 2e, @(1, o):__2
OX oy e

ou ou
by —(3,0)=1, —(3,0)=0
)ar( ) ae( )

2 1
Bai 57. Cho ham san luong Q =5K 33 trong d6 K 1a lugng tur ban va L 1a lugng lao dong. Tim Z—S

va S—CKQ tai diém (K =27, L=64).

bS: E@
— 16 9
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Bai 58. Cho ham chi phi TC =307 —2Q,Q, +4Q7 véi Q, 12 sén luong cia san pham the i. Tim 2<.

1

oTC
0Q,

va

p:: Z_6q-20,; Z&
o) 20,

= _2Q1 + 8Q2

Bai 59. Tinh Af (1;1);df (1;1) ctia cac ham sb sau:
a) f(x;y)=xy*;Ax=0,1;Ay=0,2.

b) f(x;y) =5x2\/§;Ax =0,05;Ay =0,21
bS:
a) Af(L1)=0,584;df (L1)=0,5  b) Af(L1) =1 06375;df (L1) =1 025

Bai 60. Cho f(x;y)=x?+3xy—y*. Hay tinh Af (;1);df (1;2) khi x thay d6i tir 2 dén 2,05 va y thay
doi tir 3 dén 2,69.
DS: Af (2;3) =0,6449; df (2;3) = 0,65

Bai 61. Cho biét ham lgi ich caa nguoi tiéu dung u = x*y%® | trong d6 x 1a lugng hang hoa A, y 1a
lwong hang héa B. Tim vi phan toan phan va dao ham toan phan cua ham u .

DS:  du(x,y)=0,4x"°y*®dx+0,6x>*y **dy, u'(x, y)=(0,4x"°y*°, 0,6x**y*)
Bai 62. Tim vi phan toan phan va ¢ao ham toan phan cua cac ham s sau:

a) f(x,y,2)=x+yz’ +3xy—x+7 tai diém (0, 1,2)

b) f(xy)=In2"Y tai diém (L 0)
X+y

c) f(x, y)=xsiny+ycosx (1, 0)
ps:
a) df (x,y,2)=(3x*+3y-Ddx+(z° +3x)dy + (2yz +1)dz = df (0,1, 2) = 2dx + 4dy +5dz
f(x,y,2)=06x*+3y-1, 2 +3x), 2yz+1) = £ (0,1,2) = (2, 4, 5)

b) df (2, 1) =2dx—2v2dy, f'(v2,2)=(2, —2/2)
c) df(x, y)=(siny—ysinx)dx+ (xcosy + cosx)dy
f (X, y) =(siny—ysinx, Xcos y + C0OsX)
Bai 63(+). Tim vi phan toan phan df (x;y) cua cac ham hop sau:
a) f(u)=Inu; u(x;y)=xy*+e?
b) f(u;v)=u®+2v véi u(x;y) = xy*,v(x;y) = x+3y

C) f(u;v)=% tai diém (2;0) V6i u(x;y) =xsiny,v(x;y) = x—2y
bS:

_ y? 2xy + 2e%
df (x;y) = dx
2) df () xy? +e’ " xy? +e’
b) df (x;y) = (2xy* +2)dx + (4x*y® + 6)dy
c) df (2;0) =1dx-+0dy

dy
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Bai 64. Tim cac diém cuc tri va gia tri cuc tri (néu c6) cua cac ham sb sau:
a) z=x"+y'—x"-2xy-y’;
2 -2y .
b) Z=(x+y")e",;

4

c) z=y—+x3—gx2—8y+1;

4
d) z=xy(l-x-y);
e) z=x>+3xy*-15x-12y;
f)  f(x,y)=—x"y*+4xy —x* +4x
g) 7=60Q +34Q, -6Q —3Q; —4QQ,
Trong d6 7 1a ham tong loi nhuan, Q, 12 san lwong cua san pham th i.
h) 7 =200Q, +115Q, ~10Q2 —2,5Q2 — 2000
Trong d6 7 la ham téng loi nhuan, Q, 14 san lugng cua san pham thi i.
D_S:
Q) I =2(1)=z(-1,-1)=-2
b) Zo; =2(-2,-1)=-1
c) Z.; =12(1, 2)=-11,5
d) Zcozz(%,%)zz_l?
e) 7o =12(21)=-28 2, =2(-2 -1)=28
) fp=f(21)=8
9 7, =7(4,3)=171
h 7z, =7(10,23)=322,5
Bai 65. Mot doanh nghiép san xuat hai loai san pham véi ham chi phi
TC =3Q7 +2QQ, +2Q2 +10 (Q, la lugng san pham tha i) . Tim muc san lugng Q,,Q, dé
doanh nghiép dat loi nhuan téi da biét gia san pham 1 12 $160 va gia san pham 2 1a $120.
bS: Q =20;Q,=20
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